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Abstract: 
This paper examines nonlinear parabolic initial boundary value problems. Our focus is on generalized 

porous medium equations that include a variable exponent, and additional terms, which includes L1 data 

term. We establish the existence and uniqueness of the renormalized solution to such a class of problems 

under the Leray-Lions type conditions on the variable exponent elliptic operator. We assume that a 

nonlinear function 𝑏: 𝑅 → 𝑅, 𝑏 ∈ 𝐶1(𝑅) is a strictly increasing function such that  

0 < 𝜀 ≤ 𝑏′(𝜏) ≤ sup𝑏′(𝜏) < ∞, 𝜏 ∈ 𝑅, 𝑏(0) = 0. 

The uniqueness follows from the monotony of the elliptic operator and the strict increase of the function 

𝑏 ∈ 𝐶1(𝑅). 
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